Abstract.
The degree of a word FT, x"U) is 2> a(j)-If ** appears in a word with a>0 then x is a factor ofthat word. We use C(m, n) to denote the binomial coefficient and \A\ to denote the cardinality of the set A.
When r: W1, ■ ■ ■ , Wq is an (n, d)-sequence consisting of products of principal elements {E¡} in a local Noether lattice L, the J-factorability of T insures that for \kl<q, \/Ui+i W(<T(\/l.l+1W'{) where T is the join of fewer than d of the Ei distinct from the factors of Wt. This factorization property guarantees in our context that V Wt can be extended to a minimal base for An where A = \j Ei (Lemma 2.5). Moreover, when A is the maximal element of L, the existence of (n, ¿^-sequences of length C(n+d-1, d-1) forces minimal bases for An to be long enough to make L regular (Theorem 2.9). We now demonstrate the existence of such (n, i/)-sequences. 
Proof.
We proceed by induction on n and d. For n^l, the sequence 
Let L be a local Noether lattice and 71* ={£<} be a countably infinite set of elements in L. Let T be the free commutative monoid on T*. By 
